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SUMMARY 

CIGRE Technical Brochure 531 is widely referenced for high voltage a.c. cable circuit sequence 
impedance calculation in the cable industry. Although it provides quick and reliable results for 
underground cable system(s), it has certain intrinsic shortcomings for modern 3-core submarine cable 
system(s) due to assumptions and simplifications adopted in deriving the final analytical formulae. In 
general, the calculation accuracy of the simplified analytical formulae also becomes less reliable for 
higher frequencies (up to the 50th - 100th harmonics required for power system studies today). In order 
to improve the calculation accuracy and reliability, offshore windfarm developer Ørsted has collaborated 
with cable supplier NKT to develop new analytical sequence impedance calculation methods for modern 
3-core submarine cable system(s). The method presented in this paper is based on first principles, classic 
circuit theory, and existing industrial cable design best practice, and has been developed in such a way 
to retain an analytical form. The base credibility and accuracy of the developed method is examined 
through calculation comparison against alternative numerical method(s). Finally, considering its 
analytical nature which inevitably involves certain simplifications, a step-by-step calculation 
demonstration is prepared, and supplementary guidelines/ recommendations are provided to clarify its 
applicability against various cable designs and operation conditions. 
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1. Introduction 

For large-scale HVAC power system design and operation, the sequence impedance characteristics of 
system equipment/ assets are important design parameters which could greatly influence the system 
power flow study and system fault analysis. 

Considering the increasing number of HVAC connected offshore windfarm developments with longer 
to-shore distances, the amount of submarine cables needed to facilitate these connections increases 
sharply and accurate sequence impedance calculations for the cable assets become critical. 

However, it has been observed that the calculated sequence impedance values from different suppliers 
deviate significantly from each other even for a similar submarine cable design with supposedly simple 
designs with non-magnetic armour. It results in greater uncertainties about the value credibility; 
therefore, larger design contingency has to be included leading to higher project costs. One possible 
cause for this unpleasant situation is the lack of a widely agreed calculation methodology specific for 
modern submarine cable systems. Although CIGRE Technical Brochure (TB) 531 ‘Cable Systems 
Electrical Characteristics’ [1] proposes simplified analytical formulae, it is better addressed for 
underground cable systems while a number of improvements are still needed for submarine cables to 
meet the accuracy requirements of modern submarine cable connections. 

Therefore, this paper presents an improved analytical calculation methodology based on first principles, 
classic circuit theory, and existing industrial cable design best practice (e.g. IEC 60287-1-1 [2] 
formulae), taking into account practical offshore windfarm development & operation experience. It is 
intended to be a first attempt of aiding the industry to a common approach, but it is recommended to 
followed up by a CIGRE work group to update CIGRE TB531 on the matter of submarine cables.  

1.1 Knowledge gap and challenges 

When applying Cigre TB 531 sequence impedance calculations for modern 3-core submarine cable 
circuits, several challenges are observed without an unambiguous guidance for addressing them. 

 Insufficient applicability/ accuracy of the simplified analytical positive sequence impedance 
formula for higher frequencies (up to the 50th to 100th harmonic often requested for stability 
studies); 

 Simplified analytical zero sequence impedance formula has excluded cable armour layer as 
parallel earth return path, which could undermine the resulting credibility and accuracy; 

 Influence of magnetic armour on the submarine cable component electrical parameter 
calculation seems overly simplified; 

 No instruction to include skin effect and proximity effect from the rating calculations of 
IEC 60287 in the a.c. resistance impedance of the conductor; 

 No inclusion of eddy currents now recommended to be included in load calculations by CIGRE 
WG B1.56 [3]; and 

 No discussion on the inclusion of the lay factor of the core assembly or armour. 
 

Although several comprehensive matrix based numerical calculation methodologies are introduced in 
TB 531 Appendices, which could potentially address the above-mentioned shortcomings, unfortunately, 
a straight-forward application guidance is not included, which makes it very hard to implement in 
practice. 
In literature it has also been hard to find well worked guidance, that is not rooted in studies for very high 
frequency transients (thus including Bessel functions) or very simplified solutions not coupling the 
knowledge from the load calculations of IEC 60287 of SL type cables with transmission line modelling. 
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1.2 Paper structure 

This paper will present two methodologies widely quoted calculation in the industry, that are reviewed 
with discussion of both pros and cons when applied to modern submarine cables; and subsequently, the 
newly proposed analytical calculation method is introduced followed by a step-by-step application 
demonstration with results benchmarking.  Finally, the applicability of the new method is discussed, and 
potential future developments are outlined to enhance its applicability and accuracy. 

2. Calculation Method 

For most cable suppliers, a simplified analytical calculation method is preferred. However, there is no 
clear industrial consensus for submarine cable sequence impedance calculation and various analytical 
methods have been used [1] [4] [5]. In addition, certain suppliers who realise the limitations of existing 
analytical methods thus adopt more advanced calculations such as complex impedance matrix (CIM) 
and finite element analysis (FEA). 

2.1 Existing methods widely used 
 

2.1.1 Cigre TB 531 

The Cigre TB 531 presents both a simplified analytical methodology and a comprehensive numerical 
methodology to calculate the positive/ negative and zero sequence impedances of submarine three-core 
cables. For the sake of easy-to-handle formulae for most cases, the analytical methodology includes 
large simplifications and applies only to power frequency. 

Within the simplified analytical methodology, the positive/ negative sequence impedance, referred to in 
[1] as Zd, corresponds to the ratio of the normal power frequency voltage along the cable to the three-
phase current on the cable conductors and the zero impedance, referred to in [1] as Zh, corresponds to 
the ratio of the voltage along the cable to a current equal in magnitude and phase on the three cable 
conductors, where the current returns through the metal screens and the surrounding earth. The 
associated formulae are reproduced below, and all associated parameters are well defined in [1]. 

𝑍ௗ = (𝑍௔ − 𝑍௫) −
(௓೘ି௓ೣ)మ

௓ೞି௓ೣ
+ 𝑅௔ ∙ 𝜆ଶ   (1) 

𝑍௛ = 𝑅ᇱ ∙ (1 + 𝑌௦) + 𝑗 ∙ 𝑋௔ + 2 ∙ 𝑍௫ −
(௓೘ିଶ∙௓ೣ)మ

௓ೞିଶ∙௓ೣ
   (2) 

The self and mutual impedances of the cable conductors and screens used in Equ. (1) and Equ. (2) are 
calculated considering that the current flowing in the phase conductors returns through the surrounding 
earth. The surrounding earth is modelled as an equivalent conductor with a resistance R’E and an 
equivalent depth DE , but that the factor √𝑒  is “missing” in the numerator in Equ. (4) for offshore cables 
in an infante medium (the seabed and the sea) compared to onshore [1] [6] [7] which is often overlooked. 

𝑅′ா =
ఠ∙ఓబ

଼
  (3) 

𝐷ா =
ଶ

ఊ್ඥ௚ೞఠఓ
= 400ට

ఘ

௙
   (4) 

As described in Section 1.1, this methodology does not include the cable armour as a parallel current 
return path. This may lead to significant deviations in the zero sequence impedance compared with other 
calculation methods that include the armour return path. 
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2.1.2 Complex impedance matrix 

One way to set up the complex impedance matrix (CMI), reduce it according to Z0 if matrix calculations 
are available, is to set up the full Z matrix for all conductors with the same approximate Carsons formulas 
with earth return. The method is described to some degree in Cigre TB 531 [1] Appendix B.7 but not 
for submarine cables, and a more descriptive formulation can be found in [8]. Here we will set up the 
incident node matrix to reduce the impedance matrix. 

The advantage is that the model is set up once and can be expanded to other geometries and additional 
ground returns or systems can be added with the same basic setup. It however requires a tool with matrix 
calculation capability. 

 

Figure 1 – Circuit topology for creating the incident matrix for the CIM method 
First, the impedance matrix is set up by simplified Carson’s solutions with all inductances referenced to 
earth return. This is done based on the x and y coordinate vectors (XX, YY) of all conductors, 
3 conductors, 3 screens and the armour.  More rows could be added for internal drain wires, Fibre optical 
cables, etc. 

Taking the 3-core submarine cable design from case 8 of Cigre WG B1.56 study (in final draft at the 
time of writing) [3] as an example, the Geometrical Mean Distance GMD matrix is built from the X/Y 
vectors for centre position of metallic conductors. For offshore cables earth connections at the 
extremities are of often very low resistance (offshore steel platforms or transition joint bays with earth 
grid connected to the armour of the cable) and amour and most sheaths are continuously grounded so Re 
is neglected. 
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i=j=1,2…7 

Figure 2 – Illustration of GMD matrix build up 

In Figure 2, c is the distance from the core centres to the cable centre and s is the core diameter. 

From the geometrical representation of the cable geometry, the Inductance matrix Xm can be calculated 
for the cable with ground return, similar to the ones set up in Appendix B.7 of Cigre TB 531 [1] but with 
screens and armour included. 

 

  𝐷௘ = 400ට
ఘ

௙
  

c=s=20°C   
 
 

 

 

 

Figure 3 – Illustration of GMR and inductance matrix build up 

In Figure 3 we have from Table 1, rc the outer radius of the conductors, rs and ra are the mean radii of 
metallic sheath/ screen and armour, and fa the factor giving the GMR of a solid conductor adjusted for 
the skin effect, with ys from IEC 60287, and TB 531. Using the fa factor will, in the further calculations, 
account for the internal inductance of the conductor. Fortunately, utilisation of ys from IEC 60287/ TB 
531 can provide an accurate result in the frequency range we will focus on, without the need for the 
Bessel function expressions of the internal impedance. Xm is the inductance matrix which is built up by 
a simple 2 step function based Equ. (5) calculating the inductance with ground return (De): 

𝑋௜௝ =
ఠఓబ

ଶగ
ln ቀ

஽೐

௫
ቁ   (5) 

Where; x is the GMR for the conductor for self inductances, x is the GMR of the outer conductor when 
one conductor in enclosed in another and x is the GMD between the conductors if the conductors are 
external to each other. 

XmLF is a first suggestion for the implementation of the lay length factors on the inductance, applying 
the armour wire lay factor on the armour self inductance, and the Core Lay factor on all other positions. 
This may have to be reconsidered at a later stage. 

The total Z matrix is subsequently found by adding the resistive part similar to the inductance matrix (as 
is done in in Appendix B.7 of Cigre TB 531 [3]), and the inverse Z matrix Y is calculated. 
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Figure 4 – Illustration of resistance and Z matrix build up 

In Figure 4, R is the a.c. resistances vector which is added to the diagonal of the impedance matrix 
including correction for temperature correction (if any) and lay factors as well as proximity effect and 
skin effect for the conductors (Rc.ac= Rc in Equ. (8)); Rg from Equ. (23) is the resistance of the ground 
return, added in all positions. Y is the inversed impedance matrix. 

The zero sequence impedance, Z0, if found from the oriented node-arc graph in Figure 1 describing the 
circuit, by applying  Kirchhoff’s and ohms laws on the circuit by means of node incident matrix for 
oriented graphs as described by Franksen in [9] and [10] also denoted the topology matrix or just the A 
matrix (see Figure 5) for a system. (A denotes arcs in the rows, nodes in the column(s), 1 for arcs 
beginning in a node -1 for ending in a node, all 0’s for loops, one node/row exclude as origin, here node 
0 for distant ground). 

The resulting reduction of the circuit is in line with what is done to reduce the impedance matrix e.g. in 
[6], [8] and [11] by what in [11] is referenced as a “Kron reduction” but in [12] is done more directly on 
the full inverse Z matrix but without the Graf theoretical bases as with the use of the incident matrix.  

                 
                        I0=10kA 

                  c=s=20°C   
 
 

 
 
 
 
 
 

-Iground:     

Figure 5 – Illustration of Z0 calculation 

In Figure 5, Beg and End are the arc vectors stating the beginning and end node number of each arc, 
A0 is the incident node/arc matrix describing the zero sequence circuit as an orientated linear graph. 
Since there are only 2 nodes in the circuit the zero sequence impedance  Z0 is found directly from the 
reduction. There is good alignment to the analytical result (0.15 %) but it found to be issue implementing 
the lay factors, if LFa= LFcore there is alignment to calculation tool accuracy (10-14). Going further round 
in the “Roth diagram” even the circulating currents can be found, revealing that almost 20 % of the 
current returns in the armour and the ground return current can be calculated. I0 of 10 kA is a sample 
current for illustration only. 

To calculate the positive sequence impedance it is possible to reuse the setup of  the Y matrix (Z-1) (but 
now at operating temperature) we can also calculate the phase matrix by creating a new incident matrix 
for a system with 4 nodes since node 1 in Figure 1 is split into 3 so the 3 phase currents can be applied 
to the phases. The eddy current should now be included as well. 
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Z updated to c=90°  s=72.65°C 
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Figure 6 – Illustration of Z1 calculation 

In Figure 6, Beg is now showing the 3 nodes of the end 3 phase conductors. This time a sample phase 
current is applied to give the positive sequence impedance and the eddy current is added since it is 
decided in Cigre WG B1.56 [3] to include it even for both end bonded systems. The current matrix I1 
shows that there is no current in the armour, so the assumption in CIGRE TB 531 simplified analytical 
calculation that the armour can be neglected for circulating currents are of course correct for the positive 
sequence impedance, but armour losses from the rating calculations should be included for magnetic 
armour. 

To check the CIM method credibility, the sequence impedance calculated using the simplified analytical 
Cigre TB 531 table 12 formulas [1] using the values already calculated for the Z matrix above. 

 

    

 

 

 

@ c=90°  s=72.65°C      
 

@ c= s=20°C 
Figure 7 – Cigre TB 531 analytical calculation comparison 

From Figure 7, it can be seen that the CIM method gives perfect agreement (Calculation tool accuracy) 
to the Cigre TB 531 analytical calculation for power frequency positive sequence impedance calculation 
on the selected submarine 3-core submarine cable design as long as eddy currents 𝜆ଵ

´´ (from WG B1.56 
[3]) are either included or not included in both calculations and that proximity and skin effect is included 
in the resistive part of the conductor self impedance. But since the armour is not included in the zero 
sequence impedance in TB 531 there is as expected some deviation. 11% on resistance, 7% on the 
inductance, more deviations are of course expected for Submarine cables with aluminium or magnetic 
steel armour as e.g. reported in [13].  

2.2 New analytical method proposed 
 

2.2.1 Method development 

At present, modern 3-core HVAC submarine cable design are mostly of separate lead (SL) or separate 
aluminium (SA) sheath type with common protective single-layer wire armour. The armour material 
can be either magnetic (e.g. galvanised steel) or non-magnetic (e.g. stainless steel, aluminium) and 
sometimes, in wet cable designs, the metallic sheath is replaced with metallic wire screen.  

Therefore, the newly proposed analytical sequence impedance calculation method is specifically 
developed for the modern submarine designs described above. Its applicability towards alternative 
submarine designs is discussed in Chapter 3. 
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Positive/ negative sequence impedance 

For the positive/ negative sequence impedance calculation under balanced three phase currents, current 
return paths are not considered. Thus, the equivalent three-phase circuit can be simplified as single-
phase circuit due to circuit symmetry and electrical first principles can be applied directly. 

Therefore, the 3-core submarine cable positive sequence, Z1, can be defined as 

𝑍ଵ = 𝑅ଵ + 𝑗𝑋ଵ   (6) 

Where; the positive sequence resistance, R1, shall reflect and include associated cable conductor loss, 
cable screen/ sheath loss, and cable armour loss. Similarly, the positive sequence inductive reactance, 
X1, shall reflect and include associated cable conductor internal self inductance, mutual inductance 
between conductor and cable screen/ sheath of the same cable core, and mutual inductance between 
cable screens/ sheaths from different cores. 

Note that the inductance between the cable conductor of one core and cable screen/ sheath of another 
core is considered negligible due to the screening effect from the same-core cable screen/ sheath 
enclosing the cable conductor. Also, any inductance related to the cable armour and other earth return 
paths (e.g. seabed, seawater) is considered negligible compared with other main inductance contributors 
because only little or no induced armour circulating current or ground return current is expected under 
balanced conductor currents injection due to phase cancellation effect and metallic screen/ sheath 
shielding effect. 

The analytical formulae for the parameters in Equ. (6) are detailed in Section 2.2.2. 

Zero sequence impedance 

For the zero sequence impedance, the submarine cable under constant three-phase conductor currents 
injection is described in Figure 8 assuming both end cable system bonding. 

 
Figure 8 – Illustrative cable connection 

In Figure 8, zero sequence current, I0, is injected into the 3x phase conductors with return paths through 
cable metallic screen/sheath, 3Is, cable armour, Ia, and remote ground, Ie. in parallel. Note that the factor 
3 is included for certain paths due to the fact that there are 3x outgoing conductors, 3x return metallic 
screen/sheath paths, 1x return armour path, and 1x return remote ground path from a 3-core SA/ SL type 
submarine cable system. 

To draw an equivalent circuit from the illustrative cable connection, following assumptions and 
simplifications (A&S) have been made. 

I. For SA/ SL type cable, the metallic sheath is normally a thin shell (2 – 3mm), thus its self-
inductance is assumed negligible, in [12] critical frequency fc for 5 mm lead is calculated to 5 
kHz (100 harmonics). Similarly, although the stainless steel (non-magnetic) armour wire 
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thickness can reach 4 – 6 mm it still can be considered thin. However, the armour self-flux 
linkage will be much weaker than cable phase conductor due the circumferential wire 
distribution (contrary to conductor strands deployment). Therefore, the self-inductance of the 
wired armour layer is also assumed negligible. 
 

II. For SA/ SL type cable, the sheath-sheath mutual inductance under zero sequence impedance 
shall be negligible because the net flux linkage between any two sheaths loop shall be zero 
considering 3x identical conductor current vector in trefoil positions. 
 

III. For the remote ground return path, the ‘Infinite Sea Model’ is used to represent it as a 
dimensionless conductor with certain resistance at a certain distance, therefore its self-
inductance is also neglected. 
 

IV. The mutual inductance between two objects, e.g. a and b, shall be equal, i.e. Mab = Mba, and the 
resulting induced emf/ current shall give counter effect to the original current based on Lentz 
law. To avoid an infinite loop feedback of counter effect (e.g. induced current on object B from 
current in A creates field countering A field and reduces the overall current on A, and the overall 
reduced A current then leads to a smaller induced B current, and so on…), the mutual inductance 
is only applied to one of the two objects interacting with each other. All the subsequent loop 
feedbacks are ignored to simplify the circuit build up which means the assigned mutual 
inductance value is expected to be slightly higher than reality. 
 

V. Due to the possible layer shielding effect considering concentric layer positions, mutual 
inductances are only respectively considered between core conductor – same core metallic 
sheath (Loop 1), metallic sheath – common armour (Loop 2), and common armour – remote 
ground earth return (Loop 3). For instance, direct mutual inductance between core conductor 
and common armour is covered indirectly though these loops as is also used in the Schelknoff 
model described in Cigre B531. 
 

Based on above assumptions and simplifications, the equivalent electric circuit is drawn and presented 
in Figure 9 below for the submarine cable zero sequence impedance calculations. 

 
Figure 9 – Equivalent circuit for zero sequence impedance calculation 

Where; Rc, Rs, Ra, Rg, are the per unit length a.c. electrical resistance of conductor, metallic screen/ 
sheath, armour, and remote ground return, Xc-eff is the effective conductor inductive reactance consisting 
of conductor internal inductance and conductor-sheath mutual inductive reactance, Xa is the sheath-
armour mutual inductive reactance, Xg is the armour-remote ground return mutual inductive reactance, 
and Re1, Re2 are the two sheath grounding resistances at either cable connection end. 

Note that for the equivalent circuit in Figure 9, the sheath inductive reactance Xs is not included because 
its self-inductance and mutual inductance against other sheath are ignored based on A&S I and II, and 
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its mutual inductances against core conductor and armour layer respectively have been presented and 
included in conductor inductive reactance Xc-eff and armour inductive reactance Xa based on A&S IV. 

The armour inductive reactance Xa doesn’t include armour self-inductance based on A&S II, and it only 
presents the magnetic interaction between metallic sheath and armour based on A&S IV. 

The magnetic interaction between armour and remote earth return is represented by ground inductive 
reactance Xg based on A&S IV, and the ground inductive reactance Xg doesn’t include the ground return 
path self-inductance based on A&S III. 

Due to the cascade/shield effect from A&S V, the respective magnetic interaction loop between 
conductor and sheath (Loop 1), between sheath and armour (Loop 2), and between armour and the 
remote earth return (Loop 3) shall not magnetically directly interfere with one another. In addition, A&S 
IV requires only one mutual inductance exist within each magnetic interaction loop. 

The grounding resistances, Re1 and Re2, are normally small compared to other impedances in the circuit 
diagram and thus can be neglected. 

The analytical formulae for the parameters in the Figure 9 equivalent circuit are detailed in Section 2.2.2. 

2.2.2 Analytical formulae 

Following the sequence impedance calculation methods proposed in Section 2.2.1, supplementary 
analytical formulae are introduced in this section. To simplify its application for a wider user group, 
existing industrial ballpark cable design calculations (e.g. a.c. resistance, loss factor, etc.) are referenced 
as much as possible. However, a balance evaluation between formulae complexity and required 
calculation accuracy is always recommended, as per further discussed in Chapter 3. 

For the positive/ negative sequence impedance, Z1, calculation under power frequencies, following 
analytical formulae are proposed. 

𝑅ଵ = 𝑅௖[1 + 𝜆ଵ
ᇱ + 𝜆ଵ

ᇱᇱ + 𝜆ଶ]   (7) 

𝑅௖ = 𝐿𝐹௖௢௥௘ ∙ 𝑅ௗ௖ൣ1 + 𝐹௔൫𝑦௦ + 𝐹௠ି௦௛௜௘௟ௗ ∙ 𝑦௣൯൧   (8) 

𝑋ଵ = 𝐿𝐹௖௢௥௘ ∙ [𝜔𝐿௖ି௜௡௧ + 𝐹௠ି௘௡௛௔௡௖௘(𝜔𝐿௖௦ + 𝜔𝐿௦௦)]   (9) 

𝐿𝐹 = ට1 + ቂ
గ⋅௟௔௬_ௗ௜௔௠௘௧௘௥

௅௘௡௚௧ _௢௙_௟௔௬
ቃ

ଶ
   (10) 

𝐿௖ି௜௡௧ =
ఓబ

଼గ(ଵା௬ೞ)
    (11) 

𝐿௖௦ =
ఓబ

ଶగ
ln ቀ

ௗ

ௗ೎
ቁ   (12) 

𝐿௦௦ = 𝐹𝑚−𝑠ℎ𝑖𝑒𝑙𝑑 ∙
𝜇0

2𝜋
ln ቀ

2𝑠

𝑑
ቁ   (13) 

𝜔 = 2𝜋𝑓   (14) 

𝐹௠ି௦௛௜௘௟ௗ = 1 −
ோ೎

ோೞ
𝜆ଵ

ᇱ    (15) 

Where; R1 is the positive sequence resistance per unit length of the cable, Rdc is the conductor dc 
resistance per unit length of the cable core at specific temperature, Rc is the conductor a.c. resistance per 
unit length of the cable at specific temperature, Fa is conductor resistance enhance factor due to the 
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presence of magnetic armour, μ0 is the absolute permeability of the free space, Fm-shield is the magnetic 
field shielding factor due to the screening effect from the core metallic screen/ sheath, Fm-enhance is the 
magnetic field enhancement factor for air medium inside the cable due to the presence of magnetic 
armour, Lc-int is the conductor internal self inductance per unit length of cable core, Lcs is the conductor-
sheath/screen mutual inductance of the same core per unit length of cable core, Lss is the inter-core 
sheath-sheath mutual inductance per unit length of cable core, f is the operating frequency, LF is the lay 
length factor due to stranding mechanism as per detailed in Cigre WG B1.56 recommendations [3], and 
LFcore is the cable core lay length factor. All other parameters are defined and calculated as per [4] and 
IEC 60287-1-1 [2]. 

The magnetic field shielding effect factor, Fm-shield, is introduced to represent the core sheath/ screen 
shielding effect on conductor resistance proximity effect, yp, and sheath-sheath mutual inductance, Lss, 
taking the expression similar to the approach from IEC 60287-1-1 section 2.4.2.5. A further discussion 
of this factor is included in Section 3.1. 

The cable conductor internal self inductance, Lc-int, is generally considered constant, μ0/8π, under power 
frequencies [4]. However, for a more accurate calculation taking into account the conductor skin effect 
(i.e. limiting the conductor internal flux linkage area to within the skin depth as the current is pushed 
towards outer radii), the Equ. (11) is derived as follows, 

Considering a frequency dependant skin depth, δ, and a conductor outer diameter, dc, the skin effect 
ratio [4], ksk, of conductor resistance with skin effect to that without becomes, 

 

ோೞೖ

ோ
= 𝑘௦௞ = 1 + 𝑦௦ ≈

ഐ

ഏ∙೏೎∙ഃ
ഐ

ഏ∙൬
೏೎
మ ൰

మ

=
ௗ೎

ସ∙ఋ
   (16) 

𝛿 =
ௗ೎

ସ∙(ଵା௬ೞ)
   (17) 

Therefore, as the conductor internal self inductance is proportional to the flux linkage area, the reduced 
Lc-int at higher frequencies becomes, 

𝐿௖ି௜௡௧ ≈
ఓబ

଼గ
∙

గ∙ௗ೎∙ఋ

గ∙ቀ
೏೎
మ

ቁ
మ =

ఓబ

଼గ(ଵା௬ೞ)
   (18) 

Note that Fa = 1.0 and Fm-enhance = 1.0 for submarine cables with non-magnetic armour and a ballpark 
value of LFcore = 1.01 may be used based on manufacturer experience [3].  

The calculation of conductor dc resistance Rdc, sheath loss factor λ1, armour loss factor λ2, conductor 
resistance enhancement factor Fa, overall inductive reactance X1, and relative permeability μr is further 
discussed in Chapter 3 as they may impact the calculation accuracy. 

For the zero sequence impedance, Z0, calculation under power frequencies, following analytical 
formulae are proposed based on the Figure 9 equivalent circuit [14]. 
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𝑍଴ = 𝑅଴ + 𝑗𝑋଴ = 𝑅௖ + 𝑗 ∙ 𝑋௖ି௘௙௙ +
ଷோೞ൤௝∙௑ೌା

ೃೌ൫ೃ೒శೕ∙೉೒൯

ೃೌశೃ೒శೕ∙೉೒
൨

ோೞାଷ௝∙௑ೌା
యೃೌ൫ೃ೒శೕ∙೉೒൯

ೃೌశೃ೒శೕ∙೉೒

   (19) 

𝑅଴ ≈ 𝑅௖ + 𝑅𝑒 ቐ൤𝑗 ∙ 𝑋௔ +
ோೌ൫ோ೒ା௝∙௑೒൯

ோೌାோ೒ା௝∙௑೒
൨ ∙

ଷோೞ

ோೞାଷ௝∙௑ೌା
యೃೌ൫ೃ೒శೕ∙೉೒൯

ೃೌశೃ೒శೕ∙೉೒

ቑ   (20) 

𝑋଴ = 𝑋௖ି௘௙௙ + 𝐼𝑚 ቐ൤𝑗 ∙ 𝑋௔ +
ோೌ൫ோ೒ା௝∙௑೒൯

ோೌାோ೒ା௝∙௑೒
൨ ∙

ଷோೞ

ோೞାଷ௝∙௑ೌା
యೃೌ൫ೃ೒శೕ∙೉೒൯

ೃೌశೃ೒శೕ∙೉೒

ቑ   (21) 

𝑋௖ି௘௙௙ = 𝐿𝐹௖௢௥௘ ∙ (𝜔𝐿௖ି௜௡௧ + 𝐹௠ି௘௡௛௔௡௖௘ ∙ 𝜔𝐿௖௦)   (22) 

𝑅௚ =
ఠఓబ

଼
   (23) 

𝑋௚ = 𝐿𝐹௔ ∙
ఠఓబ

ଶగ
ln ቀ

஽೐

௥ೌ
ቁ   (24) 

𝑋௔ = 𝐹௠ି௘௡௛௔௡௖௘ ∙ 𝐿𝐹௖௢௥௘ ∙
ఠఓబ

ଶగ
ln ൬

௥ೌ

ඥ௦మ௥ೞ
య ൰   (25) 

𝐷௘ = 400ට
ఘ

௙
   (26) 

Where; ρ is the seawater electrical resistivity (normally 0.2 – 1.0 Ω.m) used for the ‘Infinite Sea Model’ 
[1], rs is the mean sheath/ screen radius, ra is the mean armour layer radius, De is the equivalent earth 
return path depth, Rg is the equivalent earth return per unit length electrical resistance, Rs is the a.c. 
resistance of cable sheath/ screen at specific temperature per unit length of cable, Ra is the a.c. resistance 
of cable armour at specific temperature per unit length of cable, and LFa is the cable armour wire lay 
length factor. All other parameters are defined and calculated as per [3] and [2]. 

Note that Fm-enhance = 1.0 for submarine cables with non-magnetic armour and a ballpark value of LFcore 
= 1.01 may be used based on manufacturer experience [3]. 

The calculation of sheath-armour inductive reactance Xa, armour-ground inductive reactance Xg, 
effective conductor inductive reactance Xc-eff, and magnetic field enhancement factor Fm-enhance is further 
discussed in Chapter 3 as they may impact the calculation accuracy. 

2.3 Analytical method application and benchmarking 
 

2.3.1 Sample step-by-step calculation 

The cable design under the sample calculation is taken from case 8 of [3], which is a 220 kV 3-core SL 
type submarine cable with 1000 mm2 Cu conductor and stainless steel armouring.  

Some parameters are temperature dependent and therefore the operating temperature conditions in [3] 
are reproduced here, i.e. 𝜃௖௢௡ௗ௨௖௧௢௥ = 90°𝐶, 𝜃௦௛௘௔௧ = 72.65°𝐶 and 𝜃௔௥௠௢௨௥ = 68.52°𝐶 as high 
temperature condition, and 𝜃௖௢௡ௗ௨௖௧௢௥ = 𝜃௦௛௘௔௧ = 𝜃௔௥௠௢௨௥ = 20°𝐶 as low temperature condition. The 
calculations are performed for 50 Hz power frequency.  

All required input parameters are presented in Table 1, and positive/negative sequence impedance and 
zero impedance calculation results are presented in Table 2 and Table 3 respectively. 
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Table 1. Input parameters for the example calculations 
Parameter Value Unit Reference 

𝑅ௗ௖ (@90°C) 0.0224 Ω/km of core Cable datasheet 
𝑦௦ 0.1444 - [3] 
𝑦௣ 0.0568 - [3] 

𝑙𝑎𝑦_𝑑𝑖𝑎𝑚𝑒𝑡𝑒𝑟 1.29∙s=134.934 Mm [3] 
𝐿𝐹௔ 1.0311 - Cable datasheet/ Equ. (9) 
𝐹௔ 1.0 - Stainless 

𝐹௠ି௘௡௛௔௡௖௘ 1.0 - Stainless 
𝜆ଵ

ᇱ  0.3585 - [3] 
𝜆ଵ

ᇱᇱ 0.0972 - [3] 
𝜆ଶ 0 - [3] 
𝑟௖ 19.3 Mm Cable datasheet 
𝑟௦ 47.9 Mm Cable datasheet 
𝑟௔ 116 Mm Cable datasheet 
𝑠 104.6 Mm Cable datasheet 
𝑓 50 Hz Power frequency 

𝑅௦ (@20°C) 0.1975 Ω/km of cable [3] 
𝑅௦ (@72.65°C) 0.2419 Ω/km of cable [3] 

𝑅௔ (@20°C) 0.2764 Ω/km of cable [3] 
𝜌 1.0 Ω ∙m Specific site data 

Table 2. Positive sequence impedance for the example case at high temperature condition 
Parameter Value Unit Reference 

𝐿𝐹௖௢௥௘  1.0118 - Equ. (10) 
𝐹௠ି௦௛௜௘௟ௗ 0.9596 - Equ. (15) 

𝑅௖ 0.0272 Ω/km of cable Equ. (8) 
𝑅ଵ 0.0397 Ω/km of cable Equ. (7) 

𝐿௖ି௜௡௧  0.0437 mH/km Equ. (11) 
𝐿௖௦ 0.1818 mH/km Equ. (12) 
𝐿௦௦ 0.1499 mH/km Equ. (13) 
𝑋ଵ 0.1193 Ω/km of cable Equ. (9) 
𝑍ଵ 0.0397+0.1193j Ω/km of cable Equ. (6) 

Table 3. Zero sequence impedance for the example case at low temperature condition 
Parameter Value Unit Reference 

𝑅௚ 0.0493 Ω/km Equ. (23) 
𝐷௘ 56.5685 m Equ. (26) 

𝑋௖ି௘௙௙ 0.0708 Ω/km of cable Equ. (22) 
𝑋௚ 0.4010 Ω/km of cable Equ. (24) 
𝑋௔ 0.0231 Ω/km of cable Equ. (25) 
𝑅଴ 0.1819 Ω/km of cable Equ. (20) 
𝑋଴ 0.0934 Ω/km of cable Equ. (21) 
𝑍଴ 0.1819+0.0934j Ω/km of cable Equ. (19) 

 
2.3.2 Calculation results benchmarking 

In this Section, the analytical sequence impedance calculation results from the preceding Section have 
been compared with the results from the alternative CIM method and finite element analysis (FEA) 
respectively on the same cable design and operation condition(s). Considering the CIM method has been 
detailed in Section 2.1.2, only a short description of FEA is given below. 
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The FEA calculation has been performed on the 3D cable geometry using the commercial package 
COMSOL Multiphysics© [15]. To optimise the computation time, the model geometry consists of a 
thin slice of the cable, where periodic boundary conditions are applied at both sides of the cable to 
account for the effect of the core and armour axial stranding [16] [17]. 

The inputs for the FEA model are the geometry parameters and material properties specified in [3], and 
the resistivity of the surrounding environment is considered ρ = 1 Ω.m, as in the analytical calculation. 

 

 
Figure 10 – 3D cable model for Z1 calculation at 50 Hz Magnetic flux density plot under 1A 

three-phase balanced conductor currents 

The calculation of the Z1 is done by injecting a current equal in magnitude and 120° out of phase to the 
cable cores, and assigning a voltage equal to zero to the sheaths and armour. The output of the FEM 
calculation is the impedance of each core, which corresponds the voltage drop along the core divided 
by the injected current, and takes into account the self-inductance of each conductive elements and 
mutual inductance between all the conductive elements. The calculation of the Z0 follows a similar 
procedure, by injecting a current equal in magnitude and phase to the cable conductors, and assigning a 
voltage equal to zero to the sheath and armour. 
 
Table 4 and Table 5 present the comparison of the Z1 and Z0 results from the analytical calculation and 
alternative methods for the example case, at the same operation conditions. 

Table 4. Comparison of Z1 results of 50 Hz and at high temperature  

Parameter 
Analytical results  

[Ω/km] 
FEA results 

[Ω/km] 
CIM/ TB531* results 

[Ω/km] 
Variation 

[%] 
Z1 0.0397+0.1193j 0.0390+0.1184j 0.0397+0.1193j  
R1 0.0397 0.0390 0.0397 -1.8 / 0 
X1 0.1193 0.1184 0.1193 -0.8 / 0 

*TB 531 modified with eddy currents and including effect of yp and ys on Rc and ys on X(fc∙rc). 

Table 5. Comparison of Z0 results of 50 Hz and at low temperature 

Parameter 
Analytical 

results [Ω/km] 
FEA results 

[Ω/km] 
CIM results 

[Ω/km] 
TB531 results 

[Ω/km] 
Variation 

[%] 

Z0 0.1819+0.0934j 0.1831+0.0954j 0.1818+0.0945j 0.1639+ 01193j  
R0 0.1819 0.1831 0.1818 0.1639 0.7 / -0.15* /-11 
X0 0.0934 0.0954 0.0945 0.1005 2.1 / 1.1* / 7.1 

* known issue with implementation of Lay Factors on inductances, if LFa=LFcore is used there is 
perfect alignment between Analytical and CIM results. 



 

  14 
 

3. Application Recommendation and Future Work 

Considering all the analytical formulae in Section 2.2.2 were originally developed for 3-core submarine 
cable with non-magnetic armour, as the mostly common export cable design nowadays, under power 
frequency operations and lots of supplementary equations are taken from IEC 60287-1-1, its calculation 
accuracy may be affected when the cable design and operating condition deviate from the original case.   

3.1 Application recommendation 

Physical stranding of submarine cable components 

In practical manufacturing of 3-core submarine cables, cable component stranding is necessary to 
enhance mechanical robustness and stability. Its impacts on cable electrical parameters needs to be 
considered and addressed properly. Following application recommendation are therefore drawn, 

 When stranded conductor is designed, the helical laying characteristics of the conductor 
strands shall be considered in the Rdc calculation. Relevant guideline can be found in [3]. 
 

 The stranding effects of cable core, cable metallic screen wire, and cable armour wire on 
electrical resistance are partially addressed in Section 2.2.2. to update values to a common per 
unit cable length basis. If the Rdc value is either directly measured from complete cable or 
quoted from IEC 60228 as per unit cable length, the LFcore in Equ. (3) shall be removed. When 
calculating parameters λ1’, λ1”, λ2, Rs, and Ra through IEC 60287-1-1 formulae, appropriate 
lay factors shall be applied as per suggested in [3]. 

 
 Although one example in [3] applies cable core lay factor to overall metallic sheath/screen 

inductance, it is not still clear at this point of time how the stranding mechanism would impact 
various inductance calculation in a per unit cable length based system, considering most 
inductance calculation formulae assume straight conductor(s) in parallel. For instance, it can 
be non-trivial to accurately calculate the mutual inductance between metallic screen wire layer 
of one lay length and armour wire layer of a different lay length. Following a similar strategy 
as per [3], cable core lay factor, LFcore, has been applied to conductor internal self inductance, 
conductor-sheath mutual inductance, sheath-sheath mutual inductance, and sheath(s)-armour 
mutual inductance. Armour wire lay factor, LFa, has been applied to armour-ground mutual 
inductance. A further study on this aspect is recommended. 

Non-magnetic armour and magnetic armour 

For most export submarine cable designs with stainless steel armour, the armour loss is considered 
negligible (i.e. λ2 = 0), there is no additional influence on various inductance calculation inside the cable 
(i.e. Fm-enhance = 1.0), and there is no conductor a.c. resistance or screen loss enhancement as mentioned 
in [3][4].  

When magnetic armour is used (most array submarine cables), following application recommendations 
are drawn, 

 Due to a strong skin effect of magnetic armour, an enhancement factor, Fdc-ac, between armour 
dc resistance and a.c. resistance shall be used. A factor value between 1.2 and 1.4 may be used 
as per IEC 60287-1-1 recommendation. However, for non-magnetic armour, Fdc-ac ≈ 1.0 is 
recommended based on comparison against FEA modelling.  
    

 The armour loss factor λ2 is no longer negligible and it shall ideally include armour hysteresis 
loss and eddy current loss. IEC 60287-1-1 formula may be used but would overestimate the loss 
factor. It is recommended to align with Cigre WG B1.64 development work and update once 
concluded. 
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 The cable conductor a.c. resistance may increase due to the presence of magnetic armour similar 

to pipe-type cables where Fa = 1.5 as per section 2.1.5 of [2]. However, it is recommended to 
refine this factor through comparison against practical measurement or FEA modelling. 
 

 Due to the presence of the magnetic armour, the air medium enclosed by the armour layer may 
have a higher effective permeability due to magnetic field compaction which could impact the 
mutual inductance calculation. The concept has been considered in IEC 60287-1-1 on SL/SA 
type cable sheath loss factor calculation of adopting the 1.5 enhancement factor. Therefore, a 
similar field enhancement factor, Fm-enhance, may be assigned. However, the general value of such 
parameter is not available at the moment and its quantification could be empirical and require 
comparison against practical measurement or FEA modelling. 

Higher frequencies application 

For system harmonics analysis, submarine cable positive/ negative sequence impedance at higher 
frequencies (up to 5000 to 6000 Hz) may be required. Although IEC 60287-1-1 is not intrinsically 
created for higher frequencies, following application recommendations are proposed to utilise existing 
formulae as much as possible. 
 

 All existing IEC 60287-1-1 formulae involving frequency components may still be used at 
higher frequencies by simply updating parameter f and ω. 
 

 The sheath magnetic field shielding effect factor, Fm-shield, adopts a similar approach as per IEC 
60287-1-1 section 2.4.2.5 and is expected to become stronger as operating frequency increases 
under Lenz’s Law. The physical interpretation of its application to sheath-sheath mutual 
inductance, Lss, is that when the frequency increases, the induced sheath current will eventually 
mirror the conductor current of the same core but in opposite direction. Under a balanced 
loading assumption and symmetrical sheath positions, the overall flux linkage between any two 
sheaths due to the three sheath currents would approach zero under phase cancelling, leading to 
a reduction in sheath-sheath mutual inductance. 
  
However, for submarine cables with magnetic armour, this shielding factor can become negative 
mathematically beyond a particular high frequency value due to an empirical 1.5 factor in the 
λ1’ formula (section 2.3.10 of [2]). To interpret it through physics perspective, it implies that the 
proximity effect factor is reduced to negligible beyond that frequency. Considering the factor 
1.5 in λ1’ is kind of empirical from specific pipe type cable measurement, one may reduce it to 
1.2 or even 1.0 so that it still represents the correct physics expectation as frequency increases 
but also mathematically valid over the high frequency ranges under study. 

For information, a comparison between the proposed analytical method implementing above application 
recommendations and FEA modelling has been carried out at high frequencies on the same cable design 
with results being outlined below. 

Table 6. Comparison of Z1 results of high frequencies and at high temperature 
Frequencies  

[Hz] 
Analytical results 

[Ω/km] 
FEA results 

[Ω/km] 
R1 Variation 

[%] 
X1 Variation 

[%] 
50 0.0397+0.1193j 0.0390+0.1184j -1.8 -0.8 

200 0.145+0.3825j 0.1390+0.3662j -4.1 -4.3 
500 0.263+0.7277j 0.2409+0.7157j -8.4 -1.6 
1000 0.32+1.2906j 0.3141+1.2794j -1.8 -0.9 
2000 0.365+2.4549j 0.3916+2.3964j 7.3 -2.4 
5000 0.4378+5.9746j 0.4838+5.7391j 10.5 -3.9 
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According to the design experience from an offshore wind developer, a positive sequence impedance 
value uncertainty up to circa. 10% is considered acceptable for system study, compared with a much 
bigger discrepancy observed between Cigre TB 531 analytical method and some commercial system 
study packages (e.g. PSCAD).  

3.2 Further development 

Based on all presented in preceding sections, several further development actions are suggested to 
further increase the accuracy and applicability of the proposed analytical methods. 

Although all the FEA modelling results presented in this paper have been cross-checked between authors 
from both developer and supplier sides through slightly different 3D models, it is recommended to carry 
out site sequence impedance measurement(s) in the future to validate the FEA modelling as such 
technique is still very recent for full-scall 3-core cables. 

Another piece of future work is to improve the mutual inductance calculation accuracy between two 
components of different lay lengths, and its implementation in the calculations. It is recommended to 
start with a sensitivity study of the impact of uncertain mutual inductances on the overall sequence 
impedance values. 

In this paper, we have for the zero sequence impedance calculation throughout, included proximity effect 
used in the load calculations in IEC 60287 and excluded the eddy current, this because the proximity 
effect is part of the ac resistance of the conductor. It can however be seen from the side result from the 
CIM calculations, that there is a 80% screening of both effects for this particular cable design, and it is 
suspected that the two effects (without screen screening) are larger for zero sequence compared to 
positive sequence (e.g. a factor +√3 ?), still, for most designs it is expected that the included proximity 
effect in total is significantly lower than shown, and the excluded eddy current cannot be completely 
excluded, which will have to be addressed in future works. 

Finally, when magnetic armour is used, further work is needed to refine the armour loss factor 
calculation as suggested previously and such factor shall ideally capture the frequency dependant armour 
hysteresis losses. Additional future works may involve empirically quantifying the so-called magnetic 
field enhancement factor, Fm-enhance. 

 
4. Conclusion 

This paper examines existing sequence impedance calculation practice for 3-core submarine cable 
circuits with magnetic armour and outlines several knowledge gaps and application challenges based on 
practical project experiences. After a thorough search and review of relevant literatures, an improved 
analytical calculation method has been developed and proposed to specifically address the identified 
existing challenges, through a collaboration between offshore windfarm developer and cable supplier. 
Such method is primarily based on equivalent circuit theory and developed in simplified analytical form 
for easy application, with its credibility and accuracy being cross-checked against the more complex 
numerical methods using the complex impedance matrix method combined with the incident matrix to 
simplify the matrix reduction and prepare for scalability. With a step-by-step calculation guidance and 
supplementary application recommendations, the authors believe this method can help to bridge existing 
knowledge gap and be practically beneficial to the cable industry and encourage future work e.g. in a 
Cigre work group supplementing TB 531. 
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